APXH 1HY SEAIAAS - I HMEPHSION
MNANEAAAAIKEY ESETAZEIE
I'" TAZHE HMEPHEIOY FENIKOY AYKEIOY
KAI EMAA (OMAAA B')
AEYTEPA 210YNIOY 2014 - ESETAZOMENO MAGHMA:

MA©HMATIKA OETIKHE KAl TEXNOAOTIKHE KATEYE;YNZHZ
XYNOAQ XEAIAQN: TEXZEPIE (4)

OEMA A
A1. Eorw pia cuvdptnon f epiopévn ot évad didompa A Ay

s n f sival ocuveynic oro A xa
. f'(x):O yig KGBe wwepmé onueio X tou A,

T61£ va amodeifere 611 n f eivar aTaBepn gg 6Ao To SidoTnua A.
Movibzg 8

A2. Eotw ma oguvdptnon T ouvexfi¢ oc éva Bidotnpa A kar Tapaywyigiun
OTO ECWIEPIKG Tou A, MaTe Aépe &11 n guvdptnan T otpéesl Ta Koikg
TROG Ta KaTw 1) £ival koiAn o1o A

‘ Movadeg 4

A3. Eotw o ouvdpmaon T pe medio opiopon A, Tote Agug 6T f
mapoucidier ato X, € A (ohiké) péyiato, 10 f(X,)!

Movddeg 3

A4, No xapakinpiogeie 1§ TpOTAOEIC TOU akoAouBouv, ypdooviac oro
TETpA0I6 oag, dimAa aro ypduua mou avriaroixel oe kG0 wpdraon, 1
Aéén Zword, av i pbracn eivar oworn, # AdBog, av n mpéraon siva
Aavlaopévn.

a) Nakdde zeC 1ox0a z-Z=2IM(z)
' (Mavadee 2)
B) Av limf(x)=+co i —we, 161¢ liM ~1—=
e s F()
(Hovddeg 2)
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ARXH 2HY YEAIAAZ - T HMEPHZION

V) Av uia ouvaptnon f wapouoidder (oAiké) péviaro, TC')TF,'CIUT_C') Ba
elval To HEYAAUTEPO QTd TA TOMIKG TNE WEYITTA. '

(uovabeg 2)

&) Avn ouvdaptnon f eivai guveyric oe éva didomua A ko q, B,y eA,

167¢ 1GYUEI o
B v b '
J. f(x)dx=I f(x)dx+j‘ f(x)dx
o @ y

(Hovadeg 2)

g) Eotw cuvdprnon f guvexi¢ ae éva Sidatnua A xon Tapaywyigiun
ot KGBe ecwTepikS anueio Tou A, Av n guvdprnon f eivar yvnolwg
¢Bivouca oto A, 1é1¢ N Tapdywydg Tng givm umoxpewTikd

apVNTIKA GTO ECWTEPIKS Tou A,

(Hovadeg 2)
Movadeg 10
OEMA B
Aivetai iy eéigwon .
2lzf +(z+2)i-4-2i=0, zeC
B1. Na Abogte TV mapawavw egfowon.
' _‘ Movadeg 9
B2. Av z=1+i ka1 z,=1-i givan o1 pifeg g mapamdvw e§icwong, 101E va
anodeifeTe OT1 0 ap1Budcg
39
w=3 (iJ
Zy
gival iooc pe =31
Movdbeg 8
B3. Na Bpeite 10 YEWUPETPIKS TOTTO Twv EIKGVWY TWV UIyadik®v apiBumv U yia

TOoUC oTroioug 1LY UE!
|u+w|=l4z, —z, -i
6mou W, Z,, Z, ol piyadikof api@uol Tou epwriparog B2.
Movddsg 8
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APXH 3HZ SEAIAAZ - T HMEPHSION
QEMAT

Alveran n ouvdptnon h(x)=x—-fn(e* +1), xeR

. Na pedetiosre my h we Tpoc my KUpTOTNTY,

Movdadec 5
F2.  Na Mogre v avicwan
h(2n(x)) e
€ < | xeR
c+1
Movadeg 7

F3. Na Bpeite mv opilévria QOUPTITWINR TS YPAPIKAC mapaotaong e h oro
400, KoBWe ka1 ThY TAGYID dGUPTITWTA THE 0TO —00. |
Movadeg 6
r4.  Aivetar n ouvdptnon ¢(x)=€*(h(x)+¢n2), xeR
Na fpeite 1o gpBadédy Tou Xwpiou Tou wepikAeleTar amé TN Ypagikn
Tapdotaon mg ¢(X), 1ov GEova X'X kar TV susia X = 1

Movadeg 7

OEMA A

e*_1

X

, av x#0
Alveran n ouvéprnan f(x)=

1 , av x=0

A1, Na awodei€ets 61 n f civanr quveyric oto onpgio X, =0 ka1, 0T cuvéyera,

o1l givar yvnoiwg avéouoa.

Movdadeg 7
A2, Aiveror emimAfov 611 n f givan kupTh.
o) Na cm'oﬁéff,ers 6T N eglowen
2f'(0)
j fluydu =0
1
EXEL GKplBu3§ piat A0on, n omofa givarn x=0 (Hovadeg 7)
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A3.

APXH 4H¥ SEAIAAS - T° HMEPHIIQON

B) Eva uMké onpeio M Eexivd 1 Xpoviki oy t=0 awé éva onpelo
A(xo,f(xo)). e X< 0 kar wiveitar Kkard ko g KOUTIOANC
y="F(x), x2x, pe x=x(t), y=y(t), t20. 3¢ ‘Tolo onueio  Trg
KQPTIOANG o puBuég petaBoAig Tne TETUNUEVNS X(T) Tou anusiou M zchu
BITAGGI0G Tou puBpol PeTaBoArC TNG TETAYHEVNS Tou Y(t). av UTroTEBE]
o X'(t)>0 yia kdBe t2 0. |
(Hovadeg 4)

Movadeg 11
Oewpolpe T guvdpTron

9(x) = (xf(x)+1- ‘6).2 (x=2)°, xe(o, +)

Na amoedeifere 61 n ouvdptnon g éye 0o BEasig TOTIKWY eEAayioTwy Kal
pia BEon TOMKOU peyioTou.

Movdﬁcg?

OAHTIEZ (via Toug s€zTalonivouc)

Z10 £§WQUAAD TOU TETPUdiou va ypawere 10 e€eraldpevo Mdénpa. Ero-
ECWOUAAD TWaAVW-TTaVW va CUNTARPWOETE Ta  ATopIKE aToIXEID
padnt). ITRv apXf TwWV aTavrice@y gug va ypawete wavw-Tdvw
NV nuepopnvia xar 10 efetaldpsvo pddnpa. Na PNV avTIypagpers tq
Béuata oo TeTpddio Kol va PR ypAWETE TOUBEVE g7 amavIRoeIS gag
10 dvoud cag. ,

Na ypdyeTe 10 oVOPaTETVUES gac 6To Trdvw HEPOS TWV QwToavTiypdpwy
dpeowg MOAIG cac TrapadoBolv. Tuxév onueIwoel( co¢ Tavw orta
8fpata dev Ba BadupoAoynbolv o¢ Kapia repimTwon, Kartg TNV
QmoxXwpnon od¢ va TapadwoeTe Badi pe To TETPAdle kol 1a
PUTOUVTIVpOpa.

Na amavricere oT0 TETpG&I6 gag g 0Aq Ta Bipata pove ME UTTAe R
HOVo pe palpo aTuAé pe peAdvi mou Sev aBrver. MoAugi EWITPETET (N,
uovo av 1o {nrds n EKQWYNON, ka1 Névo yia Twivakeg, Staypduparta
KATT. ‘

Kabe amdvrion emotnpovikd TEKUNPIWKEYR Elval ATTOBEKTH.

Aidpreia  eZéTaong:  Tpeie (3) wpe¢ petd ™ Olavou twv
PWTOAVIIYPAQWY.

Xpovog Suvarhig amoxwpnaong: 10.00 .y,

ZAZ EYXOMAZITE KAAH EMITYXIA
TEAOZ MHNYMATOS
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